Introduction
Let F(x,y) be a function of class C°° in R 2 . Then, p for any point (x,y) e R we can write the equality (*) T p (x,y,h,k) = F(x,y) + 2 -¿y 2 (J) anFU,7) n=1 r=0 a^ay 11 "
1.
The following cases are possible: a) There exists a number R(x,y) > 0 such that for |h|<R(x,y), [k|<R(x,y) the series (*-) is absolutely convergent and there exists a number ¿(x,y) e (0,R(x,y) > such that for | h | < 6(x,y), |k]<5(x,y) we have T p (x,y}h,k) = P(x+h, y+k).
Then the point (x,y) is said to be a regular point of the function P. b) Tiie number R(x,y) quoted under a) exists, but the number <5(x,y) does not, i.e. any open disk of center (x,y) contains a point (x+h' ,y+k') such that Tj(x,y;h', k') ^ i P(x+h', y+k'). In this case the point (x,y) is called a singular point of Cauchy (C-singular point).
c) The number R(x,y) quoted under a) and b) does not exist. Then the point (x,y) is said to be a singular point of Pringsheim-Du BoiB Reymond (P-singular point).
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L.Meres
As is well known [1] , the point (x,y) is a P-singular point of the function F if and only if At,.,) . 11. L up\ll, 2 (?)
The singular points of a function of one or several variables are defined in a similar manner. Zahorski [2] proved that for a function of one variable of class the set P c R is the set of all its P-singular points and the set C CR is the set of all its C-singular points if and only if (I) P is of class Gj and C is of class Pg. and of first category, (II) P u C = P~u~C, P n C = 0. On the other hand, it is known [3] that the conditions (I) and (II) are necessary for a function of several variables of class C°°, and that if P is a void set, then they are also sufficient. A full characterization of the pair of sets P and C is unknown till now, even for m = 2, that is we do not know whether the conditions (I) and (II) are sufficient (when both sets P and C are non-void). The method used by Zahorski in constructing the desired function of one variable is long and difficult and, moreover, it cannot be generalized to functions of several variables. There are two reasons for thi3 being so: 1) closed sets have even in R a more composed structure than on the straight line, so that lemmas which give a topological basis for the construction of the needed o function are false in R ; 2) Zahorski based his construction on the approximation theorem of Runge, to which there is no analogue for the multidimensional space. Making use of a theorem of Whitney and of the quoted result of Zahorski it can be proved that for any closed set P lying in R m there exists a function F(x 1 ,...,x m ) -of class C^ in R m for which any point of the set P is P-singular and any point of the set R m \P is regular. However, such proof for the
sufficiency, of conditions (I) and (II) in the case where C is a void sd.t does not point any way to be followed in the general case (when both sets P and C are non-void).
In this paper we shall prove that for m = 2 closedness gives a full characterization of the set of P-singularities in the class of functions which have no C-singularities; the method used to this purpose -is almoBt elementary, -does not make use of the theorems of Whitney, Zahorski and Range, -includes the analogous result of Zahorski and may be considered as a simplification in the one-dimensional case, -can be extended to the case R m (m > 3)» -may possibly be applied to the general construction (when both sets P and C are non-void).
V. Let At last we set
then the following inequalities hold at any point (x,y) 6 K k : -301 -
According to inequality (14a) of £5] we obtain for p = 4r k +1
, B. for each of the pairs: p = 4r k , q = 4r k ; p = 4r k +1, q = 4r k ; p = 4r. , q = 4r fc +1{ p = 4r k +1, q=4r k +1. Prom the inequality |a+b+o|>|b| - [a | -|c| and from (14) and (15) it follows that for any of these pairs we have 
Proof.
If the aet P is void, then the function F(x,y) s 0 satisfies the required conditions. Assume now that P is a non-void set. Consider the sequenoe of squares (15), [5] , corresponding to the set P. Let
1.
A fl = n n »n!.
*(*.*) = 2 V*»^ n=1 be the function defined by formulas (2)- (4) and {M n }, m| n the sequenoe selected according to lemma 2, with Then the assumptions of Theorems 1 and 3 of [5] , which imply (i) and (ii), are satisfied. If (x,y) 6 P, then (x,y) belongs to an infinity of squares K Q of the sequence (1); hence, by virtue of the lemma, at least one of the inequalities 
